The exact law of the iterated logarithm for discrepancies of the HardyLittlewood-Pólya sequences is proved. The exact constant in the law of the iterated logarithm is explicitly computed in the case when the Hardy-Littlewood-Pólya sequence consists of odd numbers.
Introduction
In the theory of the uniform distribution, the following discrepancies D N and D * N of sequence {x k } of real numbers are frequently used: where f a ,a (x) = 1 [a ,a) [a ,a) denotes the indicator function of [ a , a) and x denotes the fractional part x − [ x ] of the real number x.
Assuming that the sequence {n k } grows exponentially, i.e., n k+1 /n k > q > 1, Philipp [9, 10] proved the following bounded law of the iterated logarithm and solved the Erdős-Gál conjecture:
This result has been extended to the case of sub-exponential growth. The first case was the Hardy-Littlewood-Pólya sequences, which are defined as follows: Let us take a finite sequence q 1 , …, q τ of coprime positive integers and let {n k } be an arrangement in increasing order of 
This was the first result proving the exact law of the iterated logarithm for the discrepancy of the sequence of type {n k x}, but unfortunately the value of σ was not calculated explicitly.
The first result proving the law of the iterated logarithm and determining the constant was given by Dhompongsa [3] . His result implies that
under the rather strong gap condition log(n k+1 /n k )/ log log k → ∞ as k → ∞.
Recently [5] the same conclusion was proved for all sequences {n k } of positive real numbers satisfying n k+1 /n k → ∞ as k → ∞.
